Walrasian Equilibria are in the Core

In our examples, we’ve noted in every case that the Walrasian equilibrium allocation has been
in the core — 1.e., it’s been one of the possible “bargaining equilibria” of the economy. The
theorem on the following page establishes that this is true under very general conditions: the
consumers’ preferences simply need to be locally nonsatiated. But this shouldn’t be surprising:
local nonsatiation is also the only assumption needed to establish the First Welfare Theorem,
which says that if you can make a Pareto improvement on a proposed allocation, then the proposed
allocation can’t be the outcome of a Walrasian equilibrium. In fact, that’s exactly the way our
proof proceeded: we assumed that the proposed equilibrium allocation is not Pareto (i.e., it can
be improved upon), and then showed that the assumed improvement could not be feasible, a

contradiction — the assumed improvement can’t actually be accomplished.

To establish that a Walrasian allocation is more than just Pareto optimal, and in fact is actually
in the core, we proceed in exactly the same way: we assume that the proposed allocation can
be improved upon by some coalition — but not necessarily by the coalition consisting of all the
traders — and show in the same way as before that the improvement could not be feasible for the
coalition, using just its own resources. In other words, we show that an assumed improvement by
any coalition can’t actually be accomplished with the resources available to it, and therefore the

proposal s in the core.

Note that the proof is identical to our proof of the First Welfare Theorem except that an arbitrary
coalition S replaces the specific coalition N consisting of all traders, just as the above discussion

suggests.



Ahcolam: Le‘\" (s) (Q:?) Be A ComletiTivE v iviBRivas
Pt am gtoromy E= ((w x~3)

AND ASSumeE THviy
'PéRz, , \r ERe | wls Lo CA

\? NorS AT A e (LN_S))
L THE (><~)N s 18 TME CoRY of E

 Ceoor:
SUPeSE TraT (XC)N, 1§ MorT IP THE Coré — (e

_THERE 1S A ConviTiosd S THar my-s_um_:./«)—rémnu?_ B
A .
_IMPaeve, VP (XDBN NA AR AvielaTios (’):‘)53, , ,

(S iizsm

- o ) &S '.éSr

. M,A_W.(b NVeeS: W)z Wk

(b?,) atéS ’u (X >> 'u." {)(\75" o R

_A_.%“Se (P (X" NB IS A Comferitivé éauu.lbnnvp,

_€meu. X° mpxam 2eS U 00 THE BGer Ser fxéf?( |5 P xc‘ $-§~2
S g\%m{r LN (b2) gnsvees ™A SR

C- CC’ZX 3&&3 ,%!g,Cf) $ bvaL Ty [w”'”’ mAax, =3>

’ -
o x R e [ U
) éxeem:n-ung o, ] y,gx.ps
I — 1 (,'b“*)*'G‘N‘Su(PES' THAY

P X 2 F X‘) BuT THeTlsT T
. o . A~ A ©- NoT ENOUGH IE WE Dam ' T
(CW MieS: Px"& 9 x"

S
——

Ao .
) ALSo KKe~oOwW ThAT $-x°2 $vx“

[+

s a
,,,,,,, S - %'< pox~ , THERE LoD 8L A NE 161 Boti
an PA WHiCH xéb’l'ﬁ?X<?x

Ao BY LS sven
o A NBD, CONT\NS A= xY %T\Mﬁ- samseies W ln)sut € )>u‘(x°)
, WHEW 1S 102rS STt OITH  X© MAY 1y TN G WS o TWE

_Bupber Ser. Summirt e INEQUALITIES 10 (61) Ao (c2Y
. ever S , e y-mv.g_ Z-s? X' > ZSA %" — e ’1\>~ZS§°>$~§$§<:
,_,-__‘,__m_g,l_e!% jlé_flz.\k TALZS Y1EVDS (25 x_k,, > 25 xk P ae Some |"- e
o *‘QH.L&HWCA!!LM.D!CJTJ,,(43. | | .

S .-



o ,Q@UNTanéxM Pudz

L ,_(:t.b_,s,now Thar LNS s essgemian)

o ’rhas ,qxwams'\h: Eau-;’/\n) -

our (89,54 Parars
\mpeovement 3 4 (R, T

CNoT 1° THE Core.

L ,,'(H\S 1S TVWE SameE EXAMPLE. (rmr?__._\ has A
L twmen T-wewe) as P THe Firsr WeiFane

e L(HEO.W. Nﬂ'i‘lbé' ™WT THE Prooe wve . .
o .. ABowve \S A\,So V\@Tvm,c,7 YE SPAME AT

. _Twe PasF oF ™ ersr wf.bﬁﬂ.f?—&{ﬂfa.d&‘m\..



